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Oewpio oyoiucov Bipiiov Zeh. 31:

‘Eoto n cuvépmon F(x)=f(x)+g(x).
‘Exovpe

F(x+h)=F(x)=(f(x+h)+g(x+h))-(f(x)+g(x))=
=f(x+h)-f(x)+g(x+h)-g(x),

Koty h =0
F(x+h)—F(x)_f(x+h)—f(x)+g(x+h)—g(x).

h h h
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o[3 B’ ®AXH
Enopévaog
lim F(x+h)—F(x) _ Iimf(x+h)—f(x) P fim g(x+h)-g(x) |
h—s0 h h—0 h h—0 h

Apa (f(x)+g(x)) =F'(x)+g'(x)

A3. 1A 2.A,3.Z,4.% 4 A.

A4,
1. Av limf(x)=¢,tote lim[k-f(x)]=x-¢.
2. (owv ):—nux
et
R 5
®OEMA B

Bl. AoV 1 yovia gival 90° éyovue % -360° =90° < v, =50 ko dpo

f,% _0 100 =25%.
200

Axdpaf,%+F,%+F,%+,%+,% =100% <> f, % =100% — 95% = 5% .

Apa o mivaxog yiverot

K)\.(l(fﬁlg K;j Vi fi f,% Ni Fi F|% ViKj
0-20 10 60 0,30 30 60 0,30 30 600
20-40 30 40 0,20 20 100 | 0,50 50 1200
40-60 50 50 0,25 25 150 | 0,75 75 2500
60-80 70 40 0,20 20 190 | 0, 95 95 2800

80-100 90 10 0,05 5 200 100 900
Eovoho 200 | 1 [ 100 _@

B2. To moc6001t0 tv ypnotav mov givan pexpt 40 etdv eivar 50%.

To 060610 TV YpNoTdV oL gival amd 40 wg 80 eTdV givon

25%+20%=45%.
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3 B’ ®ATH

o]

B3. Eneon Oewpodue 611 o1 mopatmpnoelc oe Kabe wkhdomn eivoar opotdpopea
Kataveunuéveg xovpe: To minbog twv ypnotav arnd 30 Eog 60 stvor :
% -40+50=70.
To wAn0og twv ypnotdv amd 50 éoc 70 sivon :
1 1

= .50+=-40 = 45.
2 2

B4. H péon tun eivar X =-

v 200 '
[Ma v dwakdpavon £xovpe : &

iaons | x| T8 [t

0-20 10 | 60( ~30/] 900 54000
20-40 30 40107 | 100 4000
40-60 50 \\.50 |, 10 100 5000

60-80 | 70~ 401 30 900 36000
80-100 90 10”7 | 50 2500 25000

THvoLo ) 200 124000
N
v (%)
vi (K, —X
Apo §° =2 _ 124000 620 = s=+/620 ~ 25
v 200
. s 25 , . .
Télog, CV = 3 = 0 =0,625=162,5% >10%, onAaon dev eival opoloyeVvEG.
OEMA T

I't. Ilpémner x+320 <X >-3 Kot VX+3-2#0
®a Avcovpe Vv e€lowon VX +3-2=0 < Vx+3=2
emedn Kol o dvo pEAN ™G wwoTnTag elvor pn apvnrikoi apBpol €yovue
dradoyikd: (\/x + 3)2 =2° & x+3=4 < x=1. Apo npéneix =1
Apa A=[-31) U(1.+x)

Eivou A=AuU {1} =[-3,+x)
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2
2. Agod n f diépyeton amd to onueio A(6,40) éxovpe % = 0
3010272 _ 4o 3440 400 30460240 = A6 A-1
CJo-2 3-2

_ X2 +Xx—2 o f(x)= (X* +x-2)(Vx+3+2)
Jx+3-2 (Vx+3-2)(/x+3+2)

(X* +x— 2)(\/x+3+2)
(Vx+3) -2

napoyovromoinon: X° +x—2=1-(x —1(X+

X' +x-2=0 N34 AA —11@_—113_{ 1
A=p*—4ay =1 - (-2)=1 @2 2a 2-1 2 —2

Apa f(x)= EZDE* 2)(@2 372 (4 2)(x73+2)

I'3. Thw xeA éovpe f(x)

o= f(X) =

342) , xe[-31)U(L,+o0)

onote (X) =
~3a+14 : x=1

A@ob n T ouveyng oto X, = 1 mpénet Iin} f(x)="fQ@)
Iirq f(x)= Iirq(x+2)(\/x+3+2) =3-4=12

Onors,
a?-3a+14=12<a’-3a+2=0
A= —day=(-3)7-41.2=9-8=1

_BEVA (=31 _341_ {2

o, = et 21 2 1
I4.i. Eivor f(x) = (x+2)(Vx+3+2) , xe[-31)u(L +0)
12 , x=1

[Mapotmpovpe 6Tt and tov TpdTo KAGS0o Exovpe f(1)=12. Etouévmg
fX))=Cx+2)(WVx+3+2),x=-3

H f téuvel tov Xx 610 onpeio X, yo 10 omoio oyvet :
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(=10

f(%)=0< (X, +2)(y/% +3+2)=0
X,+2=0 M /% +3+2=0
Xy =—2 JX +3=-2 Advvon.

Apa n Cs tépvel tov Xx oto onueio (-2,0).

f(X)=[(x+2)(NXx+3+2)] =(x+2) (WVX+3+2)+ (X+2)(NXx+3+2) =

X+2

1 :
_1.(\/x+3+2)+(x+2)2\/X_+3(x+3) _\/x+3+2+2 3

. —2+2
f(-2)=v—2+3+2+——=_ =1+
=2) 2\/-2+3

Apa n g&lowon g scp(xmouévnf\@ (o}
(k+2) (VX*342) _ 5318 x4 242018 = x+2020

y-0=3(x-(-2))
% X+3+42

y=3x+6

Etvow g (x) =1 y10 k40e X >-3.

Av 1 gpamtopévn TG YPAPIKNC TAPAGTACONS TNG  O€ 0TO100MTOTE GNUEID TNG
Xo>-3 oynuotilel pe tov Xx yovio o t0T€ : g (X,) = £po

n¢ f oto onueio (-2,0) eivau n :

epm =1
o =45°

OEMA A
Al. AoV ol Tapatnpfoelg aKOAOLOOVV TNV KOVOVIKT KATOVOUT, EXOVUE X=6=8.

A2.  @o vroAoyicovue TV Tapdywyo ¢ cvvaptnong f.
— 3 2
f(x) = (?X ) + (8%)' —(12%) + (1) = —x +8x—12.

f'(xX)=0< —x*+8x-12=0
A= —day & A=8 —4(-1)(-12) & A=64-48 <= A=16

—B+A —8++/16 —8+4
o= X, = X, =
’ 20 27 -)) 270
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Xi=2KotX,=6
X -00 2 6

+o0

P(x) - + -

f(x) N % N

T.E ™M

H f elvar yvnoiong ebivovca 610 (-00,2]
H f eivar yvnoiog avéovoa cto [2,6]

H f eivar yvnoiong bivovca oto [6,10)

H f mapovoidlet tomikd ehdyloto 610

3 2
Q) =2 482 _12.241=-844
32 3

H f tapovcialet tomikd pé
6° _6°
f(6)=—?+87—12~6+ 2+444-72+1=1.

Apas=2.

A3. To mocootd TV pnoewv mov Ppiokovior oto ddotnuo (4,6) mov

avtiotolyel oto (X - 28, X + 29) givat: 95;68 = 2—27 =13,5%

ka1 670 (8,10) avtictoyet to (X , X + S) Kot eivar: 6—28 =34%

Onote ovvolkd 47,5% twv moapatnpnoewv Ppickovior GTo  SOGUEVOL

OO TN LOTOL.

To péyebog tov deiypatog givat:

V. V. 950 950
f="ov="—oVv=—"c—=——=2000
v f 47,5 0,475
100
Ad4. To mocootd tewv mapatnpnoewv mov Ppickovtar oto ddotnuoe (10,12) mov
avtiotolyel oto (X + S, X + 29) sivat: 9 ; 68 _ 2—27 =13,5%.

To mAn0og TV Tapatnpnoewv ivat:

185, 2000 =0,135-2000 = 270.
100
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(=0l

AS5. T va eivon to deiypo opotoyevég Oa mpénet CV% <10% = CV < 0,1

Av pocBécovpie Ty id1a 6Tabepd C og kdbe Tun petafAng, 0o £xovpe:

$'=S kot X'=X-+C,ondte:

CV<0,1<:>E—<0,1<:>_S <O,1@L<O,1@L—O,1<O@
X' X4+cC 84c¢ 84c
_ _ _ 8+c>0
@2 0.8 0’1C<O<:>w<0 & 1,2-01lc<0< -0,1c<—-1,2 &
8+cC 8+¢C

<¢c>:£3@m>lz
0,1

TA OEMATA ITIPOOPIZONTAI I'TA AITOKAEIXTIKH XPHXH THX ®PONTIZXTHPIAKHX MONAAAX XEAIAA: 7 ATIO 7




	Ημερομηνία: Σάββατο 21 Απριλίου 2018
	Διάρκεια Εξέτασης: 3 ώρες
	ΘΕΜΑ Α
	Επομένως
	Άρα
	ΘΕΜΑ Β
	Άρα
	ΘΕΜΑ Γ
	Είναι Α=Δ  =
	Γ4. i.  Είναι
	Παρατηρούμε ότι από τον πρώτο κλάδο έχουμε f(1)=12. Επομένως
	𝑓,𝑥.=,𝑥+2.(,𝑥+3.+2), x≥−3
	ΘΕΜΑ Δ

