APXH 1H> YEAIAA>

EIZArQriKEzZ EZETAZEIZ TEKNQN EAAHNQN TOY EZQTEPIKOY
KAI TEKNQN EAAHNQN YIMAAAHAQN MOY YMHPETOYN 2TO EZQTEPIKO

TETAPTH 4 ZENTEMBPIOY 2019
EZETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2YNOAO ZEAIAQN: TPEIZ (3)

OEMA A

Al. Eotw f pia ouvdaptnon mapaywyioiun oe éva diaotnua (a,B), pe
e€aipeon iowg éva onpeio Tou X,, oTo otmoio 6pwg n f eival ouvexng.
Av f'(xX)>0 o1o (a, x,) ka1 f'(X)<0 oTo (X,, B), va amodeifete 611 T0

f(x,) eival Tomkd péyioto Tng f.
Movdadeg 7

A2. 'Eotw f pia ocuvdptnon opiopévn oe éva didotnua A. Ti ovopdaloupe
apxIkf ouvapTtnon n mapayouvoa tng f ot1o A;
Movdadeg 4

A3. Na diatuTTwoeTe TO Bewpnua PEONG TIMAG Tou dla@opikou Aoyioupou
KOl va TO EPUNVEUCETE YEWMETPIKA.
Movdadeg 4

A4. Na xapakrnpioere T1IC TPOTACEIC TOU akoAoubBouv ypdeovra¢ OTO

TETPGOIO oag, OimAa oT0 ypAQuud TOU QVTIOTOIXEI O KABe Tporaon, 1

Aéén ZworTo, av n mpoéraon €ivar cwaorn, B Aa@og, av n mpdraon €ivai

AavBaouévn.

a) H ypagiki mapdotaon tng |f| amoTteAeital amd 1O TUAMATA TNG
YPA®IKAG TapdacTtaong tng f mou Bpiokovrar TAvw amo TOV
dfova X'X kal amd TA CUUPETPIKA, WS Tpog Tov afova X'X, Twyv
TUNUATWY TNG YPAPIKAG TTapdotaong tn¢ f mmou BpiokovTal KATW
atmmoé autdv Tov déova.

B) lNa k&Be ouvexn ouvaptnon f oto didotnua [a, B], 1oxver:
B
Av I f(x)dx =0, 161e f(X)=0 yia kabe x €[a, B].

v) Eva Ttomk6 péyioto piag ouvdptnong f  umopei va eival
HIKPOTEPO ATIO £va TOTIKO eAGyioTo Tng f.
5) Av Ilimf(x)>0, téte f(x)>0 yia X Kovta oTO X, .
X=X,
€) Mia moAuwvupiky ouvdaptnon f:R >R diatnpei mpdonuo oc
KGBe éva amd Ta dlacoTAPATa oTa oTroia ol diadoxikég pileg Tng f

Xwpifouv 1o TTEdio OpIOCPOU TNG.
Movadeg 10

TEAOZX 1H> ATIO 3 SEAIAEX




APXH 2H> SEAIAA>

OEMA B

AivovTal o1 CUVAPTAOEIG

f:R— R pe 10mo f(X)=x*+1 «xa

g:[2,+0) > R pe 1m0 g(X)=Vx-2 .

B1. Na amodciete o011 n ouvdaptnon Qgeof éxer medio opiopou 71O
A = (-00,-1] U[1,+0) ka1 tomo (gof)(X)=~+x*—1.
Movdadeg 7
B2. Na efetdoete edv umdpxel 10 O6plo OTO X, =2 TNGg OUVAPTNONG
f)(x
h:A-{2} > R pe 10moO h(X)=w.
X_
Movadeg 9
B3. Na Bpeite Tnv €icwon Tng €@amTouévng TNG YPOAQPIKAG TTapaocTaong
™G ouvapTtnong geof oto onueio pe TeTunuévn Xl=\/§.
Movdadeg 9
OEMA T

Aivetar n ouvexng ouvdptnon f:[0, +©)—> R, yia tnv omoia 1oxUel OTI

1
f(X)-f’(X)=§ yia k@8e X>0 kai Tng omoiag n ypa@gikn mapdoTtacn C,

3
ditpxetal amd 1o onueio M(1, 1). ‘EoTtw 10 onueio A(E, 0) .

r.

ra.

r3.

r4.

Na amodeifete o1 f(X) = JX, xe [0, +00) .
Movdadeg 6

Na amodeitete 611 To onueio M eival To povadikd onueio Tng C, Tou

atéxel ammd 10 onueio A Tn pIKPOTEPN aTTOCTACH.
Movdadeg 7

Na amodeigete 611 n epamtopévn Tng C, oTto onueio M eival kaGbetn

otnv guBeia AM.
Movdadeg 6

Na utmroAoyioeTte 10 eyBadov Tou xwpiou Tou TepikAeieTal amd 1n C,,

Tov a€ova X'X, Tnv guBeia X =1kal Tnv gubeia X =2.
Movdadeg 6

TEAOZX 2H> ATIO 3 JEAIAEX




APXH 3H> SEAIAA>

OEMA A

Aivetal n ouvaptnon f:R 5> R, ye t0mo f(X) =

A1,

A2.

A3.

A4.

X3

3x*=3x+1
Na amodeifete 611 n f gival yvnoiwg atfovoa oto R.

Movdadeg 6

Na Bpeite TIC QOUUTITWTEG TNG yYpPAQIKAG TapdoTaocng TNG
ouvaptnong f.
Movdadeg 7

Na amodeifete o1 f(X)+f(1—X)=1 yia kaBe X e R.
Movdadeg 4

Na atmodeifete 0TI TO eufaddv ToUu Xwpiou TTOU TTEPIKAEIETAlI ATTO TN
ypa@ikf mapdotacn tn¢ f, tov dfova XX kai tnv euBeia Xx=1

ioouTal g —.
2

Movdadeg 8

OAHTIEX (yia Touc ge€sTalouévouc)

210 €§WQ@UAAO TOU TETPAdIOU VO YPAWETE TO £EETACOMEVO PUABNUA. ZTO ECW@PUAAO
TAVW-TTAVW VA OCUPTTANPWOETE TA OTOMIKA OOG OTOIXEId. ZTNV apXf Twv
ATTAVTACEWV O0¢ VA YPAWETE TTAVW-TTAVW TNV nNUEPOMNVia kal 1o egeTalduevo
MABNua. Na pnv avriypdypere 1a Oépara oTo TETPABIO KAl va M YPAWETE TToubevd
OTIG ATTAVTHOEIS 0AG TO OVOUG 0OG.

Na ypAWETE TO OVOUATETTWVUNO 0AG OTO TTAVW HEPOG TWV QWTOAVTIVPAPWY AUECWS
MOAIGC cag TrapadoBouv. Tuxov onupEIWoEIS oag TAvw oTa Bépara dev Oa
BaBuoAoynBouv og Kapia TTepiTTTWON. Katd TNV amToXwpenor oag va TTapoadwoETE
Madi Ye To TETPADIO KAl TA GUITOAVTIYPAPA.

Na atravTioeTe oTo TETPADIO 0ag o0& OAA Ta BEUATA POVO pE PTTAE 1] pOvo pPe paupo
OTUAG e PeAdv TTou dev OBNAVEL.

Kd&Be atr@vrnon emoTNUOVIKA TEKUNPIWKEVN Eival ATTODEKTH.

Aldpkeia e€€Taong: TPEIG (3) WPES META TN SIAVOUN TWV QWTOAVTIYPAPWYV.

Xpdvog duvathg ammoxwpnong: 17:00

2A2 EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOZX 3H> ATIO 3 SEAIAEX




