
¢›ÓÂÙ·È Ë Û˘Ó¿ÚÙËÛË f  ÁÈ· ÙËÓ ÔÔ›·

ÈÛ¯‡ÂÈ fiÙÈ  ÁÈ· Î¿ıÂ 

.

∞Ó f Û˘ÓÂ¯‹˜ ÛÙÔ x=0 Ó· ‚ÚÂıÂ› ÙÔ

f(0) 

∞Ó  

·. ¡· ‚ÚÂıÂ› ÙÔ  

‚.¡· ‚ÚÂıÂ› ÙÔ  

¢›ÓÂÙ·È Ë Û˘Ó¿ÚÙËÛË f ÌÂ . 

¡· ‚ÚÂıÂ› Ë ÂÍ›ÛˆÛË ÙË˜ Â˘ıÂ›·˜ Ë 

ÔÔ›· ‰È¤Ú¯ÂÙ·È ·fi ÙÔ ∞(1,2) Î·È

ÂÊ¿ÙÂÙ·È ÛÙË ÁÚ·ÊÈÎ‹ ·Ú¿ÛÙ·ÛË 

ÙË˜ f ÛÙÔ ÛËÌÂ›Ô µ(x0, f(x0)).

∞. ∞Ó ÁÈ· ÙË Û˘Ó¿ÚÙËÛË f  ÈÛ¯‡ÂÈ 

ÁÈ· Î¿ıÂ 

È. ¡· ‚ÚÂıÂ› ÙÔ f(0) .

ÈÈ. ¡· ‚ÚÂıÂ› Ë f’(x0),·Ó  f’(0)=0

µ. ∞Ó Ë Û˘Ó¿ÚÙËÛË f Â›Ó·È ‰‡Ô ÊÔÚ¤˜ 

·Ú·ÁˆÁ›ÛÈÌË ÛÙÔ R Î·È

È. ¡· ‚ÚÂıÂ› ÙÔ  .

ÈÈ. ∞Ó f’(x) >0, ÁÈ· Î¿ıÂ Ó· ‚ÚÂıÂ› ÙÔ 

ÒÛÙÂ Ë g Ó· Â›Ó·È ÁÓËÛ›ˆ˜ Êı›ÓÔ˘Û· ÛÙÔ

R.

°È· Î·È  ·fi (1) ¤¯Ô˘ÌÂ

f  Û˘ÓÂ¯‹˜ ÛÙÔ x=0, ¿Ú·  

·) £¤ÙÔ˘ÌÂ  ÙfiÙÂ Î·È  

f(x)=g(x) (x-2)+5

ÕÚ·  

‚)

ŒÛÙˆ(Â) Ë ̇ ËÙÔ‡ÌÂÓË Â˘ıÂ›· ÌÂ 

ÂÍ›ÛˆÛË  y= ·x + ‚ 

¿Ú· 2=·+‚(1).

µ(x0, f(x0)) ÙÔ ÛËÌÂ›Ô Â·Ê‹˜, ¿Ú· 

f(x0)=·x0+‚   (2)  

Î·È (3)

§‡Óˆ ÙÔ Û‡ÛÙËÌ· ÙˆÓ (1), (2), (3)  

¢=100-4=96,        

°È·  

°È·  

∞. È.  

°È· x=y=0      f(0+0)=f(0)+f(0)+0.0 

ÈÈ. 

¿Ú· f’(x0)=x0

µ. È. 

ÈÈ. , g ÁÓËÛ›ˆ˜

Êı›ÓÔ˘Û· 

¿Ú·  ÁÈ· Î¿ıÂ  ¿Ú·
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∆ ≤ 0 ⇔ 100λ2 - 96 ≤ 0 ⇔ λ2 ≤ 96
100

 ⇔ - 4 6
10

 ≤ λ ≤ 4 6
10

x∈R- 3x2 - 10λx - 8 ≤ 0

 g′(x) = f′ (-x3 - 5λx2 - 8x) ⋅ (- 3x2 - 10λx -8)

 f′ (-x3 - 5λx2 - 8x) ⋅ (- 6x - 10λ)

g″(x) = f″(-x3 - 5λx2 - 8x) ⋅ ( -3x2 - 10λx - 8)
2
+

g′(x) = f′(-x3 - 5λx2 - 8x) ⋅ ( -3x2 - 10λx - 8)

=
f(h)

h
 + x0  = 0 + x 0lim

h→0
= x0

f(x0+ h) - f(x0)

h
lim
h→0

  =
f(x0) + f(h) + x0 ⋅ h-f(x0)

h
lim
h→0

 =

f′ (0) =0 ⇔
f(h)- f(0)

h
lim
h→0

 = 0 ⇔ 
f(h)

h
lim
h→0

 = 0    (2)

⇔ f(0)=0    (1)

⇔

f(x+y) = f(x) + f(y) + xy

y = (- 5 - 2 6) x + 7 + 2 6β = 7 + 2 6α = - 5 - 2 6

y = (- 5 + 2 6) x + 7 - 2 6β = 7 - 2 6α = - 5 + 2 6

α = - 5 ± 2 6

⇔{
β = 2 - α

x0 = α+7
2

α2 + 10α + 1 = 0

{
α + β = 2

2x0 - 7 = α

x0
2 - 7x0 + 14 = αx0 + β

⇔{
β = 2 - α

x0 = α+7
2

α+7
2

2
-7⋅α+7

2
+14=α⋅α+7

2
+2-α

f′ (x0) = α ⇔ 2x0 -7 = α

B∈(ε)

f′(x) = 2x - 7, x ∈ R

A∈(ε)

(5 -1) (2 + 2)

2
 = 8

[f(x) - 1] ⋅ (x - 2) ( 2x + 2)

2 (x - 2)
lim
x→2

 =
[f(x) - 1] ⋅ ( 2x + 2)

2
lim
x→2

=
[f(x) - 1] ⋅ [f(x) - 5] ⋅ (x - 2) ( 2x + 2)

[f(x) - 5] ⋅ ( 2x - 2) ( 2x + 2)
lim
x→2

 =

f2(x) - 6f(x) +5   (x - 2)

f(x) - 5   ( 2x - 2)
lim
x→2

f(x)lim
x→2

 = g(x) (x-2) + 5lim
x→2

 = 4 ⋅ 0 + 5 = 5

 = 4lim g(x)
x→2

f(x) - 5
x - 2

  = g(x) 

lim f(x)

x→0
= f(0) ⇒ f(0)=0

lim f(x)

x→0
=  -

x (x + 2)

x-1
 = -

0 ⋅ 2

-1
 = 0lim

x→0

f(x) =
-x2 x + 2

x (x - 1)
 = -

x (x + 2)

x - 1
 ⇔

x ≠1x≠0

 f(x) ⋅ x (x -1) = - x2 (x + 2)      (1)

x⋅f(x) - 2x2 = x2 ⋅ f(x) + x3 ⇔ x2⋅ f(x) - x⋅f(x) = - x3 - 2 x2⇔

λ∈Rx∈R

g″ x

g(x) = f(- x3 - 5λx2 - 8x), λ∈R

x,y ∈Rf (x+y) = f(x) + f(y) + x⋅y

f(x) = x2 - 7x + 14

f2(x) - 6f(x) + 5  x - 2

f(x) - 5  ⋅ 2x- 2
lim

x→2

f(x)lim
x→2

f(x) - 5
x - 2

 = 4lim
x→2

x∈R- 1

x⋅f(x) - 2x2 = x2 ⋅ f(x) + x3
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